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Characterizing Wideband Signal Envelope Fading
in Urban Microcells Using the Rice

and Nakagami Distributions
Gregor Gaertner and Eamonn O Nuallain

Abstract—In this paper, we show that the cumulative and
probability distribution functions (cdf and pdf, respectively) of
small-scale wideband signal envelope fading in microcells can
be very closely approximated by both the Rice and Nakagami
distributions, which are already known to describe the cdfs and
pdfs of small-scale narrowband signal envelope fading. Our results
are obtained by means of an extensive Monte Carlo–based study
of a wideband propagation model by Yan and Kozono, which is it-
self supported by extensive measurements. Over a comprehensive
range of microcell propagation parameters, the average maximum
error in the approximation is 1.65% and 1.78% for the Rice and
Nakagami cdfs, respectively. The error in the approximation is
3.58% and 3.87% for the 95th percentile and does not exceed
7.61% and 7.80%, respectively, in the worst case. We propose an
expression that maps the significant wideband small-scale signal
envelope fading parameters to their narrowband counterparts
for different standards like Dedicated Short Range Communi-
cation, WiMAX, Universal Mobile Telecommunications Service,
and the family of the IEEE 802.11 standards. This mapping
enables narrowband small-scale signal envelope fading statistical
distributions, which are currently used, e.g., in fading simulators,
link quality determination algorithms, and outage probability
calculators, to be readily adapted to deal with small-scale wide-
band signal envelope fading. As an application example of this
proposed mapping, we derive the appropriate sample spacing and
averaging interval (window size) that ought to be used to estimate
the large-scale fading signal in an IEEE 802.11 receiver.

Index Terms—Broadband communication, fading channels,
simulation, statistics.

I. INTRODUCTION

W ITH THE proliferation of laptop/palmtop computers
and computationally powerful mobile phones, there has

been a growing demand for high-quality mobile multimedia
services. Such services are being increasingly offered in urban
microcellular environments. At the physical layer, good quality
service is synonymous with reliable transmission with high data
throughput, with the latter necessitating a wideband signal. In
general, the wideband signal envelope shows less severe small-
scale and short-term fading [2] than the narrowband signal
envelope. The reason for this is that wideband signals inherently
exploit frequency diversity [2]–[4]. Although the probability
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distributions of small-scale narrowband signal envelope fading
have been extensively studied, e.g., in [5]–[9], for which closed-
form expressions exist, comparatively few such studies are
reported for wideband systems [1], [3], [4], [10], and closed-
form expressions for the cumulative distribution function (cdf)
and probability distribution function (pdf) of the small-scale
fading envelope are unavailable.

Our motivation to investigate this topic stemmed from our
study of link quality prediction in an IEEE 802.11 urban mi-
crocellular system [11]. This paper suggested that link quality
prediction may significantly benefit from the incorporation of
wideband signal envelope fading statistics when estimating the
outage probability.

In the literature, Yan and Kozono [1], [3] have proposed
a wideband signal propagation model with which they in-
vestigated the properties of the received signal envelope of
a mobile receiver. They verified their model with extensive
measurements performed in the Tokyo region and observed that
the fading depth is strongly dependent not only on the ratio of
the direct to indirect power of the wideband signal but also on
what they term the “equivalent received bandwidth,” which is
the product of the receiver bandwidth and the maximum differ-
ence in propagation path lengths. They also observed that the
distribution of the signal envelope is almost independent of the
carrier frequency. Their results also demonstrate that wideband
signals, in general, exhibit shallower fades than narrowband
signals and that small-scale wideband signal envelope fading
in non-line-of-sight (NLOS) conditions cannot, in general, be
characterized using the Rayleigh distribution. They did not
investigate, however, whether other known distributions can
do this. Similar results to those given above were reported by
Yamaguchi et al. [4].

Oh et al. [10] have shown that the distribution of the small-
scale code-division multiple-access signal envelope can be
described using the Nakagami distribution. Although this latter
study is limited to only two receiver bandwidths deployed in
two types of urban environment, namely, urban high rise and
urban residential, they suggested to us the possibility that the
Nakagami and the closely related Rice distribution could be
used as a general means with which to describe the distribution
of the small-scale fading wideband signal envelope, albeit to a
certain degree of approximation. Yan and Kozono’s observation
that the fading depth in a wideband signal is strongly dependent
on both the ratio of the direct to indirect power (or “wideband
power ratio”) and the “equivalent received bandwidth” suggests
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the possibility of mapping these to the Ricean K-factor and
the approximately related Nakagami shape factor “m,” thus
providing a means to accurately describe the distribution of the
small-scale fading wideband signal envelope using the classical
narrowband distributions. We henceforth refer to the equiva-
lent received bandwidth and the wideband power ratio as the
“wideband propagation parameters” and the Ricean K-factor
and the Nakagami shape factor “m” as the “narrowband prop-
agation parameters.” This paper uses a simulation and curve-
fitting approach based on Yan and Kozono’s [1], [3] wideband
propagation model, which is supported by extensive measure-
ment data, to determine the distributions of the small-scale
fading wideband signal envelope over a comprehensive range of
urban propagation environments and receiver bandwidths. Our
results show that the cdf and pdf of wideband fading signals
in urban microcells can be closely approximated by the Rice
and Nakagami distributions. The error in the approximation is
shown to be small. We then provide an expression that maps the
wideband propagation parameters to their narrowband counter-
parts, depending on which of the two distributions one wishes
to use. This mapping allows propagation modeling and signal
analysis techniques that make use of these classical small-scale
narrowband fading distributions to be readily adapted to deal
with wideband fading.

This paper is organized as follows. In Section II, we explain
the methodology used in this paper. Following this, we evaluate
the goodness-of-fit of the Rice and Nakagami distributions
to the small-scale fading of the wideband signal envelope and
power. In Section III, we introduce an expression that maps the
wideband propagation parameters to their narrowband coun-
terparts and apply this mapping for microcellular Universal
Mobile Telecommunications Service (UMTS), Dedicated Short
Range Communication (DSRC), WiMAX, and IEEE 802.11
systems. In Section IV, we present a step-by-step description
of how our findings can be used to adapt narrowband solutions
for wideband systems. In particular, we show in Section IV-A
how to better estimate the local mean signal power in an
IEEE 802.11 system. In Section IV-B, we use our results to
adapt a packet-level wireless network simulation software to
generate wideband small-scale signal envelope fading. Further-
more, we modify a widely used bit error probability (BEP)
model for differential quadrature phase-shift keying (DQPSK)
receivers in narrowband channels to model IEEE 802.11 re-
ceivers with perfect channel equalization in wideband channels.
This paper concludes in Section V.

II. CHARACTERIZING THE DISTRIBUTION OF

THE SMALL-SCALE FADING OF THE

WIDEBAND SIGNAL ENVELOPE

It is generally accepted that the wideband propagation chan-
nel is well modeled using a tapped delay line as first proposed
by Turin et al. [12] for an urban propagation environment. The
amplitudes, phases, and time delays of the resolvable paths are
usually determined by empirical measurements (see [12]–[16]
for examples). However, these quasi-empirical models’ core
parameters are necessarily phenomenological, and therefore,
their applicability is sometimes questionable [17]. We therefore

selected, for the purposes of this paper, the wideband prop-
agation model of Yan and Kozono [1], [3], who base their
work on that of Clarke [8]. The results given by this model
have been shown to correspond well with an extensive range of
measurements [1], [3], [18], [19]. We therefore conclude that
this model, being both robust and reliable, is a suitable model
on which to base this paper.

Yan and Kozono’s [1], [3] model assumes that N multipath
waves arrive at the receiver under the following conditions:
each wave has an amplitude Ai, a path length Li, and an angle
of arrival θi. Ai and Li are independent of each other and
are uniformly distributed over a given range. θi is uniformly
distributed over 2π in the horizontal plane. A0 and L0 denote
the amplitude and path length of the line-of-sight (LOS) wave.
The ratio of the direct to indirect power is defined as

a = A2
0

/N−1∑
i=1

A2
i (1)

giving a(dB), where

a(dB) = 10 log a. (2)

The bandwidth of each arriving wave, which is assumed to
have a flat power spectral density, is taken to be greater than
the receiver bandwidth 2∆f . The received signal power α2

(in watts) is then expressed by Yan and Kozono as follows
[1, eq. (2)]:

α2(2∆f) = 2∆f

(
N−1∑
i=0

A2
i +

N−1∑
i=0

N−1∑
j=0︸ ︷︷ ︸

i�=j

AiAj
2π
c ∆f∆Lij

× cos
(

2π
c
fc∆Lij

)
sin
(

2π
c

∆f∆Lij

))
(3)

where ∆Lij is the difference in the path lengths of the ith
and jth arriving waves. As mentioned earlier, Yan and Kozono
also propose a propagation parameter termed the “equivalent
received bandwidth,” which can be used to estimate the fading
depth [20]. The equivalent received bandwidth is the product
of the receiver bandwidth 2∆f and the maximum difference
in path lengths ∆Lmax of the arriving waves (i.e., ∆Lmax =
max |Li − Lj |). In summary, the equivalent bandwidth and,
hence, the observed fading depth are dependent on the receiver
bandwidth and the propagation environment.

Using Yan and Kozono’s model, we generate 104 sam-
ples, as suggested in [20], for each propagation environment
and receiver parameter tuple (2∆f,∆Lmax, a(dB)) ∈ S2∆f ×
S∆Lmax × Sa(dB) . Since each tuple is dependent on properties
of both the receiver and the propagation environment, we refer
to each tuple (2∆f,∆Lmax, a(dB)) as a “configuration.” Due
to the very large number of sample points taken, we expect
the empirical distribution function (EDF) will resemble the
unknown exact cdf closely.

We chose the wideband power ratio a(dB) to range from
−∞ dB (NLOS) to +15 dB (strong LOS). This range was
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TABLE I
PARAMETER VALUES USED IN SIMULATIONS

determined to be appropriate for microcellular environments
in a major empirical study [21]. The receiver bandwidth is
chosen to range from 2 to 34 MHz so that the results generated
here will apply to current wideband standards such as DSRC,
WiMAX, UMTS, and the family of IEEE 802.11 standards. The
maximum difference in propagation path lengths is estimated to
range from 0.1 to 55 m based on the Cardoso and Correia [20]
model for urban microcells.

All data were generated using the IEEE 802.11 center fre-
quency fc of 2442 MHz. Kozono [3] has reported that the
statistical distribution of a fading signal is practically inde-
pendent of the center frequency, and therefore, the inferences
made regarding the distribution of this data will have general
applicability for other wideband standards. As observed by Yan
and Kozono [1], the fading depth is practically independent
of the number of arriving waves for N > 6. As suggested by
Yan and Kozono [1], we use N = 10 for the purposes of this
paper. The list of parameters over which the data is generated is
summarized in Table I.

Various hypothesis tests and criteria are given in the literature
to evaluate the goodness-of-fit of an EDF to a proposed cdf. It is
important to note at this stage that if a hypothesis test indicates
that a fading signal is not a strict realization of the distribution
under test, good agreement can, however, be of significant prac-
tical value. For this reason, we use the Kolmogorov–Smirnov
(KS) test [22, vol. 4, pp. 393–396 and 398–402] throughout this
paper since this test statistic enables both hypothesis testing and
easily comprehensible goodness-of-fit analysis where no strict
realization of the proposed cdf is given. The KS statistic gives
the maximum error between the EDF and the proposed cdf.

The two-sided KS statistic for a data set X ⊂ R is given by

εKS = sup
x∈X

|PEDF(x)− Pproposed(x|Θ)| (4)

where PEDF(x) is the EDF of the fading signal, and
Pproposed(x) is the proposed theoretical distribution. Θ is the
Ricean K-factor or Nakagami shape factor, depending on
which distribution is being used, i.e., Θ ∈ {K,m}.

Throughout this paper, we also make use of the root-mean-
square (rms) error

εrms=

√∑|X |
i=1 (PEDF(xi)−Pproposed(xi|Θ))2

|X | , xi ∈ X .

(5)

We use εKS for the formal goodness-of-fit tests and both
εKS and εrms in the subsequent analysis and discussion.

Both error statistics are computed for each configuration
(2∆f,∆Lmax, a(dB)). For better readability, we express all
error statistics—which are probabilities in this case—as per-
centages via multiplication by 100. In this way, e.g., a certain
event occurs in 100% of all trials and, therefore, has a probabil-
ity percentage of 100%.

The parameter Θ is obtained by means of a maximum-
likelihood estimation (MLE) [22, vol. 5, pp. 341–351]. The
method of moments [22, vol. 5, pp. 467–473] is used to obtain
the starting points for the MLE using the simplex search method
of Lagarias et al. [23].

The following steps are taken to obtain the error data for each
configuration (2∆f,∆Lmax, a(dB)):

1) generation of signal envelope/power samples using Yan
and Kozono’s [1], [3] model;

2) determination of the EDF of the signal envelope/power
from the data obtained in step 1);

3) MLE of the parameter Θ for the Rice/noncentral chi-
square and Nakagami/Gamma distributions;

4) establishment, using the KS test, of the formal goodness-
of-fit between the proposed distributions using the pa-
rameter obtained in step 3) and the EDF obtained in
step 2);

5) calculation of εKS and εrms using the data obtained in
steps 2)–4).

A. Distribution of the Signal Envelope and Power

In this section, we evaluate the goodness-of-fit of the
Rice/Nakagami distributions to the EDF of the wideband signal
envelope α over the range of propagation and receiver parame-
ter configurations S2∆f × S∆Lmax × Sa(dB) given in Table I.
The Rice distribution [24] is given as follows [25, pp. 51–53]:

pα(x) =
2x(K + 1)

Ωp
exp

(
−K − (K + 1)x2

Ωp

)

× I0

(
2x

√
K(K + 1)

Ωp

)
, x ≥ 0 (6)

where p denotes the pdf, Ωp = E[α2] is the average signal
power, K is the Ricean factor, x is the value of the signal
envelope, and I0 is the modified Bessel function of the first kind
and zero order. Similarly, the Nakagami distribution [6] is used
to describe the distribution of the narrowband received signal
envelope [25, pp. 53–55], which is given by

pα(x) =
2mmx2m−1

Γ(m)Ωm
p

exp
(
−mx2

Ωp

)
, m ≥ 1

2
(7)

where m is the Nakagami shape factor, and Γ is the Gamma
function. Both distributions are related by the following approx-
imate relationship between the Ricean factor and the Nakagami
shape factor [25, pp. 54]

m ≈ (K + 1)2

(2K + 1)
. (8)
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Fig. 1. Distribution of εKSα .

TABLE II
ERROR STATISTICS IN THE APPROXIMATION OF THE DISTRIBUTION

OF THE WIDEBAND SIGNAL ENVELOPE USING THE RICE

AND NAKAGAMI DISTRIBUTIONS

As a first step in our evaluation, we test over how many
configurations the fading signal envelope is a strict realization
of the Rice/Nakagami distributions. The KS test, which is set
at a significance level of 5% (Type I error), indicates a strict
realization of the Rice and Nakagami distributions in 50.53%
and 43.89% of the configurations, respectively. To establish
the practical relevance of these figures, further investigation is
required [26, pp. 529–530]. This is done by analyzing the error
statistics.

Fig. 1 shows a histogram of εKSα
, which is the maximum

difference between the empirical and proposed cdf of the signal
envelope for each configuration. εKSα

is less than 7.8% for all
configurations, and its values lie mostly in the range 0.5%–2%
for both the Rice and Nakagami distributions. It is noted that,
by this measure, the Rice distribution is a somewhat better
approximation to the EDF than is the Nakagami distribution but
that the difference is marginal. The distribution of εrmsα

is very
similar to that of εKSα

(see Table II), tallying with the latter
statement.

The numerical results are summarized in Table II. The av-
erage εKSα

over all configurations is 1.65% and 1.78% for
the Rice and Nakagami distributions, respectively. The 95th
percentile of εKSα

is less than 3.9% for both distributions, un-
derlining the overall goodness-of-fit. The largest εKSα

observed
for a configuration is 7.8% using the Nakagami distribution.
Again, the Rice distribution fares slightly better by this mea-
sure. However, since the observed differences in goodness-of-
fit between both distributions are marginal, we conclude that the
Rice and Nakagami distributions are practically equally well
suited to characterize the wideband fading signal envelope over
the range of parameters chosen.

Important observations can be made about the ability of the
Rice/Nakagami distribution to characterize the distribution of
the wideband signal envelope by evaluating the dependence of

Fig. 2. Dependence of εKSα on the fading depth.

the approximation error on the fading depth. The fading depth
is taken to be the difference between the signal levels that corre-
spond to 50% and 1% of the cdf. In Fig. 2, the variation of εKSα

with a fading depth is shown for the Rice distribution. First, we
observe that the minimum εKSα

is virtually independent of the
fading depth. Second, the average εKSα

tends to be greater for
a shallower fading depth but starts to decrease for fading depths
greater than about 8 dB and levels off for fading depths greater
than about 13 dB. The maximum εKSα

shows a sharp rise for
fading depths less than 3 dB. These latter two observations
indicate that the approximation gets better with greater fading
depths. This is desirable since the stronger the fading, the more
important an accurate description of the phenomenon is. How-
ever, it also shows the limitation of characterizing wideband
fading signals by Rice/Nakagami distributions. Where there are
small fading depths (< 3 dB), the approximation is still good
on the average; however, sporadically higher approximation
errors can be observed. Since the fading depth increases with
a decreasing maximum difference in propagation path lengths
∆Lmax, we expect the approximation of the distribution of the
wideband signal envelope by the Rice/Nakagami distributions
to apply somewhat better in microcellular environments than in
macrocellular environments where ∆Lmax is typically greater.

Where the Rice distribution describes signal envelope
fading, the distribution of the signal power is described by the
noncentral chi-square distribution with two degrees of freedom
[25, pp. 51–53] as

pα2(x) =
K + 1
Ωp

exp
(
−K − (K + 1)x

Ωp

)

× I0

(
2

√
K(K + 1)x

Ωp

)
, x ≥ 0. (9)

Likewise, if the Nakagami distribution describes signal en-
velope fading, then the distribution of the signal power follows
the Gamma distribution [25, pp. 53–55], which is expressed as

pα2(x) =
(
m

Ωp

)m
xm−1

Γ(m)
exp

(
−mx

Ωp

)
, m ≥ 1

2
. (10)

Employing the same method used for the signal envelope,
we determined that the power distribution can be characterized
by the noncentral chi-square/Gamma distributions to a similar
degree of accuracy as the signal envelope is characterized by
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TABLE III
SYSTEM BANDWIDTHS OF VARIOUS WIRELESS STANDARDS

the Rice/Nakagami distributions. The difference in accuracy
is � 10−2% by all measures used in Table II.

III. MAPPING WIDEBAND PROPAGATION PARAMETERS

TO THE RICEAN K-FACTOR AND THE

NAKAGAMI SHAPE FACTOR

In the previous section, it was shown that wideband signal
envelope fading can be characterized to a good approximation
by the Rice and Nakagami distributions in urban microcells. In
this section, we obtain an approximate functional relationship
between the wideband fading parameters (2∆f,∆Lmax, a(dB))
and the Ricean K-factor using a curve-fitting approach. That is

Fk : S2∆f × S∆Lmax × Sa → SK , SK ∈ IR. (11)

This is done for a number of different wireless standards. The
accuracy of this approach is then assessed. The Ricean factor K
is determined by MLE over a discrete range of wideband prop-
agation parameters, as described in Section II, and the results
are tabulated. Fk is then determined by fitting an appropriate
function to the value table. In the early stages of the curve-
fitting process, we observed that no one function describes this
mapping to a high degree of accuracy for all configurations.
However, by fixing the bandwidth, we obtain individual func-
tions that fit the value table for the various wireless standards.
The mapping is performed in a linear instead of a logarithmic
space so that the problem of mapping a value of −∞ dB for the
NLOS case is circumvented. The 3-dB bandwidths of some of
the widely used wireless standards are displayed in Table III.
The bandwidths of DSSS-based systems are calculated using
[27, p. 21]; the bandwidth of orthogonal frequency-division
multiplexing–based systems is calculated using [28, pp. 43,
eq. (2.35)].

We use the following procedure to obtain the functional
relationship Fk for the wireless standards given in Table III,
which can also be used to derive mappings for other wireless
standards.

1) Determine a value table for the wireless standard un-
der consideration containing the wideband propagation
parameters ∆Lmax, a, and the Ricean factor K that is
determined by MLE, as described in Section II.

2) Choose a candidate function for curve fitting. If this
function requires the wideband propagation parameters
to lie within a specified range, as exemplified for the
Chebyshev polynomial series, then the parameters must
be scaled to that range.

3) Estimate the constants in the candidate function by min-
imizing the approximation error between the Ricean

factor K obtained in step 1), and the approximate value
of K as given by the candidate function.

4) Calculate the mean, the 95th percentile, and the maxi-
mum εKS for the approximation function that was deter-
mined in step 3).

5) If the error statistics in step 4) are satisfactory, terminate.
Otherwise, go back to step 2).

The Chebyshev polynomial series is well known to be
suitable for curve-fitting purposes. Its advantage lies in the
fact that if the series is truncated to a polynomial of a lower
degree, the consequent degradation in accuracy is graceful
[29, pp. 190–194]. We found, by using the above procedure,
that the following eighth-degree Chebyshev polynomial ap-
proximates the Ricean factor K well for all standards:

Fk(a,∆Lmax) = c0,0 +
7∑

i=1

i∑
j=1

ci,jT8−i(x)Tj(y)

+
8∑

i=1

(c8,iTi(x) + c9,iTi(y)) (12)

where

Tn(z) = cos (n arccos(z)) (13)

x =
a

15.8115
− 1 (14)

y =
∆Lmax − 0.1

27.45
− 1 (15)

and the constants are given in Tables V and VI in the Appendix.
The Chebyshev polynomials require that their input parameters
are in the range [−1, 1] [29, pp. 191–192], which is achieved
via (14) and (15).

The goodness-of-fit of the Rice distribution, where K
has been obtained using the approximation function Fk in
describing the distribution of the small-scale fading wideband
signal envelope, is displayed in Table IV. It can be observed
that the low average εKSα

values indicate a very good fit.
As in Section II, we observe that the maximum values tend
to increase with a shallower fading depth. There is up to a
0.5% difference in MaxεKSα

introduced due to the function
approximation for K.

The relationship between the wideband propagation parame-
ters ∆Lmax, a, and the Ricean factor K is illustrated in Fig. 3
by graphing Fk for the IEEE 802.11 standard. The Ricean
factor K has, for very small values of ∆Lmax, a value equal
to a. The reason for this is that small-scale fading in such
propagation environments is equally severe for wideband and
narrowband signals; this phenomenon has also been reported by
Yan and Kozono [1]. However, such small values of ∆Lmax are
rarely observed in microcells. As ∆Lmax increases, the small-
scale fading becomes less severe—as also observed by Yan and
Kozono [1]—and consequently, the Ricean factor K increases.
This increase is magnified for greater values of a.
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TABLE IV
ERROR STATISTICS IN THE GOODNESS-OF-FIT OF THE RICE DISTRIBUTION TO THE EDF, WHERE K HAS BEEN OBTAINED VIA Fk

Fig. 3. Relation between the wideband propagation parameters ∆Lmax, a,
and the Ricean factor K for the IEEE 802.11 standard.

IV. APPLICATIONS

We begin this section by outlining the steps that are necessary
to adapt commonly used equations and solutions for small-
scale signal/power envelope fading for narrowband systems
to wideband systems. We then apply the results of this paper
to derive the appropriate window size for local mean power
estimation in IEEE 802.11 systems. We conclude this section
with two applications: the computationally efficient simulation
of small-scale wideband signal envelope fading for a packet-
level wireless network simulator and the derivation of a BEP
model for an ideal IEEE 802.11 receiver.

The stochastic process of small-scale signal envelope fading
for narrowband and wideband systems is described by its pdfs
and autocorrelation function. We have shown in this paper that
the same pdfs characterize small-scale signal envelope fading
in narrowband and wideband systems in microcells, albeit with
different parameters for which we provide a mapping between
the two. These results allow, together with Nakabayashi and
Kozono’s [18] result that the autocorrelation of small-scale sig-
nal envelope fading is independent of the bandwidth, adaptation
of narrowband solutions for small-scale signal/power envelope
fading to wideband solutions for microcells. The following
steps are necessary for such adaptation.

1) Verify that the narrowband solution is independent of
assumptions or properties that differ from those for the
given wideband channel. For example, the BEP function
of a receiver with a given decoding scheme might be
modeled for a small-scale fading narrowband channel
described by the Rice distribution. However, the per-
formance of such a receiver is typically derived under
the assumption that no intersymbol interference exists.
However, intersymbol interference is common in wide-
band channels [30, pp. 235–239]. Consequently, such

a BEP function, depending on the small-scale narrow-
band signal envelope fading, can only be adapted to
a receiver in wideband channels if the existence of a
perfect channel equalizer is assumed [30, pp. 248, 343],
[31, pp. 355–357].

2) Replace the Ricean factor K in the narrowband solution
with Fk (12) using the constants from Tables V and VI
for the wireless standard in question. If the narrowband
solution depends on the Nakagami shape factor m, then
one must first map m to K via (8) and then use Fk.
If the mapping for the wireless standard in question is
not given in this paper, it can be obtained as outlined in
Section III.

A. Estimation of the Local Mean Power in
IEEE 802.11 Systems

Accurate estimation of the local mean power at a receiver
is essential in handover algorithms in cellular networks. The
method that is widely used for this task (signal power averaging
over an appropriately chosen distance with appropriate sample
spacing) originated from Lee [32] and was later extended by
Austin and Stueber [33] for the Rice distribution. We first sum-
marize some of Austin and Stueber’s [25, pp. 598–605] [33]
results for narrowband systems and then extend these results
for an IEEE 802.11 system in an urban street with a maximum
cell radius of 250 m. The received signal power is given by
[33, eq. (5)]

α2
r(y) = α2(y) · Ωp(y) (16)

where α2(y) is the power of the small-scale fading signal, and
Ωp(y) is the local mean power. In the regions where the local
mean is constant, the accuracy of the estimate can be expressed
by the 1σ spread [33, eq. (10)], which is given by

1σ spread = 10 log10

Ωp + σΩp

Ωp − σΩp

(17)

where σΩp
is the standard deviation of the estimated local mean

power Ωp. For analog averaging, σ2
Ωp

is given by [33, eq. (9)]

σ2
Ωp

=
(

Ωp

K + 1

)2 1
G

×
2G∫
0

(
1− g

2G

)
I0

(
2πg
λc

)

×
(
I0

(
2πg
λc

)
+ 2K cos

(
2πg cos(θ0)

λc

))
dg

(18)
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TABLE V
CONSTANTS OF (12), PART I

and for digital averaging, it is given by [33, eq. (14)]

σ2
Ωp

=
(

Ωp

K+1

)2
(

1+2K
N

+ 2
N−1∑
n=1

(
N−n
N2

)
·I0
(

2πns
λc

)

×
(
I0

(
2πns
λc

)
+ 2K cos

(
2πns cos(θ0)

λc

)))
(19)

where G is the “window size” or the distance over which the
averaging is performed (measured in wavelengths), N is the
number of samples taken over the interval, I0 is the zero-order
Bessel function of the first kind, λc is the carrier wavelength,
θ0 is the angle between the vector in the direction of propaga-
tion of the direct wave and the velocity of the receiver, and “s”
is the sample spacing (measured in wavelengths).

TABLE VI
CONSTANTS OF (12), PART II

The derivation of (18) and (19) only requires knowledge of
the pdf and autocorrelation of the small-scale fading signal
envelope. We have shown how to obtain a reliable estimate for
the former for wideband signals, whereas the latter has been
shown to be bandwidth independent [18], and therefore, these
equations will apply to wideband systems where the appropriate
value of K is used, as has been described in this paper.

The adaptation to an IEEE 802.11 system is straightforward.
Only the Ricean factor K has to be determined, as described
above via the function Fk(a;∆Lmax). The range of ∆Lmax

is determined by the network type and the street geometry.
We choose 250 m as the maximum cell range, corresponding
to our own measurements for an IEEE 802.11 network [11].
Fig. 4 shows the variation in the 1σ spread with ∆Lmax and
G for analog averaging in NLOS conditions. The 1σ spread
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Fig. 4. The 1σ spread in the NLOS condition, depending on the averaging distance and ∆Lmax.

values, which correspond to a window size of 20λc and 40λc,
as suggested by Lee for narrowband systems, have been marked
on the z-axis as “higher error bound” and “lower error bound,”
respectively. Compared to the classical narrowband case, in
which the result is independent of the maximum difference in
propagation path lengths ∆Lmax, it is clear that σ2

Ωp
strongly

depends on ∆Lmax. However, for the propagation environment
under consideration, an averaging window size of between 13λc

and 25λc guarantees to be within the desired error bounds.
Since the autocorrelation function is bandwidth independent, it
follows from Stueber [25, pp. 603–604] that the sample spacing
should be less than 0.5λc for wideband systems as well.

B. Simulation of Wideband Small-Scale Signal Envelope
Fading for an IEEE 802.11 System

The open-source packet-level simulator NS-2 [34] is the most
popular simulator in the mobile ad hoc network community
[35]. The simulator ships without any support for the simulation
of small-scale fading, although such a module exists from
Punnoose et al. [36]. This module simulates small-scale signal
envelope fading using the Rice distribution and is applied
for narrowband channels only. The module is computationally
very efficient because it uses a precomputed lookup table for
the otherwise costly generation of correlated signal envelope
samples for each packet.

Punnoose et al.’s module is based solely on the Rice distri-
bution and the bandwidth-independent autocorrelation of the
small-scale fading signal envelope and is not based on any
other assumptions that may be different for wideband systems.
This module is adapted to simulate small-scale signal envelope
fading for an IEEE 802.11 system in microcells by simply
replacing the Ricean factor K with Fk, where Fk is given by
(12) using the constants from Table V for an IEEE 802.11
system.

The simulation of an IEEE 802.11 system requires that the
performance of the receiver, which is typically expressed by
its average BEP, is correctly modeled. The average BEP for

an ideal IEEE 802.11 receiver with DQPSK for 2 Mb/s can
be obtained from a narrowband BEP model using the methods
outlined in this paper. The average BEP P̄b for an IEEE 802.11
receiver with coherent DQPSK modulation for a Ricean fading
narrowband channel can be modeled as [37, p. 188, eq. (6.70)],
[37, p. 187, eq. (6.64)]

P̄b(γ̄b,K) =
1
2

1 +K

1 +K + γ̄b
exp

(
−Kγ̄b

1 +K + γ̄b

)
(20)

where γ̄b is the average signal-to-noise ratio, and K is the
Ricean factor. As noted previously, this model can only be
adapted for wideband channels in which no intersymbol inter-
ference is present, as would be the case where there is perfect
channel equalization. Replacing the Ricean factor K with Fk

for an IEEE 802.11 system gives

P̄b(γ̄b, a,∆Lmax) =
1
2

1 + Fk(a,∆Lmax)
1 + Fk(a,∆Lmax) + γ̄b

· exp
(

−Fk(a,∆Lmax)γ̄b

1 + Fk(a,∆Lmax) + γ̄b

)
(21)

which is the average BEP of an ideal IEEE 802.11 receiver with
perfect equalization.

To show the effects of modeling the small-scale signal
fading as wideband over narrowband, we conducted two sim-
ulations using the NS-2 simulator for an IEEE 802.11 system,
as described above. These simulations were performed using
two nodes where the transmitter was stationary and the receiver
was moving away with a constant velocity. The variations in
the signal power are due only to small-scale fading. The re-
ceiver noise floor was set to −104 dBm, which is a typical
value for an IEEE 802.11 receiver [38]. Both simulations
were conducted for NLOS conditions for both narrowband and
wideband channels. In the latter case, ∆Lmax was set to
40 m. The small-scale fading signal power is given for both
simulations in Fig. 5. When the channel was modeled as being
narrowband, the small-scale fading was severe and showed
deep fades. In the case where the channel was modeled as
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Fig. 5. Examples of small-scale signal power fading over distance for
narrowband and wideband channels.

Fig. 6. Examples of the average BEP for an ideal IEEE 802.11 receiver over
distance for narrowband and wideband channels.

wideband (K = Fk), the small-scale fading was significantly
reduced. Fig. 6 shows the average BEP for an IEEE 802.11
receiver in the corresponding simulations of the narrowband
and wideband channels. As expected, the average BER is
considerably lower in the wideband channel. This difference
is the result of less severe fading in the signal power and the
modified BEP model.

V. CONCLUSION

This paper has shown that the distribution of the small-scale
fading wideband signal envelope can be characterized by the
Rice and Nakagami distributions and that the signal power is
equally well characterized by the noncentral chi-square/Gamma
distributions for microcells. It should be noted that the results
in this paper apply also to picocells (since ∆Lmax is smaller).

We have shown how our results can be used to determine the
appropriate window size when estimating the local mean power
in a wideband system and that the window size is typically
smaller than that used for narrowband systems.

Packet-level wireless network simulation software such as
NS-2 is widely used but is currently restricted because it models
the fading distribution of the wideband signal envelope using
narrowband techniques. We have shown how the NS-2 simula-
tor, which models small-scale signal envelope fading using the
module of Punnoose et al. [39], can be adapted for wideband
systems. Moreover, we demonstrated that a BEP model for
DQPSK receivers in narrowband channels can be used to model
IEEE 802.11 receivers with perfect channel equalization. We
have illustrated in simulations that an IEEE 802.11 system
performs considerably better when small-scale signal envelope
fading is modeled as wideband over narrowband.

Although normally based on the large-scale fading phe-
nomenon, our recent study of link quality prediction for
IEEE 802.11 in urban microcells indicates that the accurate
prediction of link quality (i.e., outage probability) would benefit
where large-scale fading is also considered [11]. However, such
outage probability calculations require an accurate description
of the cdf of the signal envelope, which can be done using the
Rice and Nakagami distributions with the appropriate values of
K and m, respectively, as this paper has shown, thus enabling
such calculations for wideband systems.

APPENDIX

DEFINITIONS OF DISTRIBUTION FUNCTIONS

Let Prob[·] denote the probability of the given argument. The
definitions for the pdf, cdf, and EDF are then given as follows.
Definition 1 (pdf): The pdf of a continuous random variable

X is a real-valued function p(x) such that [40, eq. (3.25)]

Prob[b ≤ X ≤ d] =

d∫
b

p(x)dx, b, d ∈ IR, b ≤ d.

Definition 2 (cdf): The cdf Pcdf(x) for a continuous random
variable X is defined by [40, eq. (3.26)]

Pcdf(x) = Prob[X ≤ x] =

x∫
−∞

p(y)dy, −∞ < x < ∞.

(22)

Definition 3 (EDF): Suppose a sample of size n is drawn
from a population with known cdf Pcdf(x). The EDF PEDF(x)
is defined by the sample and is a step function given by
[40, eq. (14.2)]

PEDF(x) =
k

n
when x(i) ≤ x < x(i+1) (23)

where k is the number of observations that are less than or
equal to x, and {x(i)} represents the order statistics. If the
sample is drawn from the hypothesized distribution, then the
EDF PEDF(x) should be close to Pcdf(x).
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